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Nonlinear Damage Accumulation Rule for Solder
Life Prediction Under Combined Temperature
Profile With Varying Amplitude
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Abstract— Due to a mismatch of the coefficient of thermal
expansion, electronic solder joints experience cyclic shear strain,
which ultimately leads to fatigue failure. Traditional predictions
of solder joint thermal fatigue life that use the experimental
data or the physics-of-failure model often assume a regular
profile. For complex temperature profiles, the linear accumulation rule is typically used to integrate the superposition effect.
However, the linear rule was proved not applicable to most of the
complex loading or temperature conditions. Based on the damage
curve theory and the fatigue crack propagation theory, a novel
nonlinear accumulation rule has been deduced for solder joint
life predictions under irregular profiles, which were composed
of two standard temperature cycles and may be experienced
by phased-mission system. Four groups of experiments were
conducted for ball grid array package solder joints with different
dimensions and materials to determine parameters of the proposed nonlinear accumulation rule. The finite-element simulation
method was used to extend this rule to more general cases
for application. Compared to Miner’s linear accumulation rule,
prediction of solder joint thermal fatigue life via the proposed
nonlinear accumulation rule is closer to the accelerated life test
results of real-world electronic solder joints under a combined
temperature profile.
Index Terms— Combined temperature profile, nonlinear
damage accumulation rule, solder joint, thermal fatigue life.
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I. I NTRODUCTION

S

OLDER joints serve as electrical connections, as mechanical support, and to aid heat dissipation of electronic packages. During operation, solder joints are typically subjected
to cyclic loading due to a mismatch of thermal expansion
coefficients between component and the board onto which the
component is mounted. Creep, fatigue, and their interactions
are considered to be the main mechanisms leading to the eventual thermal fatigue failure of solder joints. The experimental
data and thermal fatigue life PoF models can both be used
to predict the life of solder joints under regular or standard
temperature cycle. In reality, however, electronic devices often
work under irregular or complex temperature profiles with
varying amplitudes. For example, one of the real-world cases
for electronic devices that work in a PMS is aircraft flight,
which involves taxi, takeoff, ascent, level-flight, descent, and
landing phases [1]. During each phase, the system has to
accomplish a specified task and may be subjected to different temperatures and vibration environments. Thus, the
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temperature profile of this type of system is irregular compared
to a standard temperature cycle. Complex temperature profiles
increased the challenges for both model and prediction of
solder joint reliability.
The problem of solder joint reliability is complicated due
to electronic devices suffering various types of loads or environments, such as thermal, vibrational, and electrical power.
In addition, the profile of each load is not always regular.
Many studies have been conducted to predict different stresses
applied on solder joints, either simultaneously or sequentially. The damage accumulation method has usually been
used to calculate the final effect of combined environments or loads [2], [3]. Many types of accumulation rules
exist, such as linear, bilinear, and nonlinear. Among them,
Miner’s linear rule is the most popular in both research
and engineering [4]. Barker et al. [5] used Miner’s rule to
superpose vibration and thermal fatigue damage caused by
both inelastic and elastic strains of electronic solder joints.
Yang et al. [6] studied the life-prediction approach of solder
joints via the finite-element method under combined loading
of thermal and vibration. Based on the linear damage superposition approach at high temperature, the total damage was
divided into two parts, which were time-independent damage
(fatigue damage), and time-dependent damage (creep damage).
Pang et al. [7] studied the fatigue failure of PBGA package
solder joints under vibration loading at different accelerations,
using Miner’s rule for cumulative fatigue damage and vibration
fatigue failure life. Perkins and Sitaraman [8] used Miner’s rule
to predict the fatigue failure of CCGA package solder joints
under Sinusoidal vibration with sweeping frequency.
For the problem of predicting the reliability of solder joints
under a complex temperature profile, the conventional method
is to segment that into single or regular profiles and then
integrate their damage effects. Using the numerical method,
Pei et al. [9] analyzed the solder creep energy under a complex
temperature cycle during which mini-cycles occurred at the
upper dwell. They decomposed the two simple temperature
cycles from the complex cycle and studied their creep energy.
Chai et al. [10] listed different profile segmenting schemes
to predict the solder fatigue life under field thermal conditions, which were complex temperature cycles composed of
three temperature dwell points each. Miner’s rule was used
to superpose the damage of the segmented cycles. The life
prediction results of the preferred segmenting scheme were
closest to their physical test results. However, if the profile
changed, a new cycle segmentation method had to be studied.
Recently, more studies found that the linear accumulation rule was not applicable to most complex loading
conditions. Basaran and Chandaroy [11] studied a combined loading situation by superposing the damage due to
vibration and thermal loads using Miner’s rule. The results
showed that Miner’s rule significantly underestimated the
total damage, and consequently, overestimated the fatigue
life, therefore, strongly suggesting that Miner’s rule cannot
be used for calculating combined environment damage values. Perkins and Sitaraman [12] summarized the problems of
Miner’s rule, which included insensitivity to the sequence
of load steps and nonconservatism. The authors investigated

the sequence loading effects, which included vibration and
temperature in sequence and found that the Miner’s cumulative
linear damage rule was incapable to account for the sequence
effect. Yang et al. [13] focused on the life of Sn–Ag–Cu (SAC)
solder joints in isothermal mechanical cycling with varying
amplitudes. Solder joints were cycled at one of the loads for a
specific number of cycles and then cycled at another amplitude
until failure. Results showed that Miner’s rule of linear damage
accumulation tended to overestimate the room-temperature
fatigue life of SAC solder joints in mild–harsh loading
sequences, while underestimating their life in mild–harsh
sequences. Research by Borgesen et al. [14] showed strong
deviations from the linear damage accumulation for sequences
of a single type of loading with different amplitudes.
Since the linear accumulation rule was not applicable, some
studies have used alternate damage accumulation models.
Perkins and Sitaraman [12] developed a nonlinear damage
accumulation model to account for sequence effects of thermal
fatigue and vibration fatigue. Lin and Teng [15] used the
Miner’s linear rule to study the sequence effect of high–low
and low–high stresses on the creep fatigue life of SAC solder.
Creep tests were conducted under two-step loading, using various combinations of stress and temperature, and a nonlinear
cumulative creep damage model was proposed. Jin et al. [16]
used the DCA and DLDR to account for the constant stress
amplitude and three different two-level block-loading conditions. Various studies found other strategies to superpose different loads instead of using accumulation rules. Qi et al. [17]
presented an IDSA to predict solder joint life under combined
thermal cycling and vibration loading conditions, by taking
temperature effects and loading interactions into account. Test
results showed that PBGA solder joint would fail far earlier
under combined loading than with either separate temperature
cycling or room temperature vibration loading. Traditional
linear superposition was reported to overpredict the solder
joint fatigue life since it neglected the interaction effects of
two different loads. Basaran and Chandaroy [11] proposed a
constitutive model based on unified damage mechanics for
the assessment of solder joint fatigue under simultaneous
thermal and vibration loading. Manson and Halford [18] and
Singh [19] had also used crack initiation and crack propagation
as damage parameters to account for sequence effects and
other abnormalities.
Most of the nonlinear accumulation rules proposed in the
previous studies were applied for conditions under combined
thermal and vibration loading. Only few researchers contributed to the nonlinear accumulation rule under combined
temperature profile with different thermal stresses, which
is a common condition in PMS. Marco and Starkey [20]
presented a damage curve theory, which inferred that the
relationship between the damage and failure cycle is exponential; however, this paper was limited to qualitative analysis. Kommers [21] and Huang [22] proposed nonlinear fatigue
damage accumulation models based on the material performance degradation theory, which had good physical bases, but
the interaction and sequential effects of multistage loads had
not been taken into account. Halford [23] and Niu et al. [24]
studied the issues about cycle lag, cycle creep, and cycle
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softening that occurred in combined temperature profile. The
authors presented some accumulation rules based on energy
theory, which were more realistic, however, the formulas were
very complicated and the parameters were often difficult to
determine.
Currently, the most common method used to study damage accumulation under a combined temperature profile still
remains Miner’s rule, due to the impracticality of the nonlinear
rules proposed before. New strategies need to be developed.
In this paper, a nonlinear accumulation rule has been developed for solder joint life prediction under combined profile,
which is composed of two standard temperature cycles, based
on both damage curve theory and fatigue crack propagation
theory. Experimental and simulation methods were adopted to
determine the parameters of the proposed nonlinear accumulation rule and to extend it for more general conditions. The new
accumulation rule considered both superposed and sequential
effects and the resulting form is even simpler.
The remainder of this paper is organized as follows.
Section II presents the nonlinear accumulation rule from a
fatigue crack and propagation point of view. Section III discusses the experimental procedures and results of data analysis
to form the complete accumulation rule. Section IV introduces
the FEA simulation-based method of solder joint thermal
fatigue prediction and investigates the relationship of solder
joint dimension and material with the proposed nonlinear
accumulation rule. A real-world case is also presented to
compare the accumulation results with accelerated test results.
Section V provides the conclusion as well as directions for
future work.
II. N ONLINEAR ACCUMULATION RULE
A. General Form
The linear accumulation rule, which is also called Miner’s
rule, can be provided as
1
1
1
=
+
(1)
N
N1
N2
where σ represents the stress that leads to fatigue failure.
N1 represents the number of cycles to failure under σ1 ,
N2 represents the number of cycles to failure under σ2 , and
N represents the number of cycles to failure under combined
stress; note that the σ1 and σ2 are in sequence, which is shown
in Fig. 1(a).
It has been studied that the failure of solder joint under
temperature change is due to thermal fatigue. The more
temperature cycles the joint performs, the more stress level
will be exerted on the solder joint, resulting in higher damage
velocity. Fig. 1(b) shows the combined temperature profile,
corresponding to the combined load profile in Fig. 1(a). A standard temperature profile contains two temperature values and
corresponds to one fatigue stress.
For the stresses σ1 and σ2 , fatigue damage can be calculated
via [25]
D = m 1r1 N1a1 = m 2r2 N2a2

(2)

where D represents the fatigue damage, m 1 and m 2 represent
the number of damage nuclei under σ1 and σ2 , r1 and r2
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Fig. 1.
Loading profile and damage curve of combined conditions.
(a) Combined load profile. (b) Combined temperature profile. (c) Damage
curve.

represent the damage factors, which differ according to stress
level, and a1 and a2 are constants to be determined.
If profiles 1 and 2 changed alternately, the new temperature
profile would be a combination of one profile 1 and one
profile 2 for one cycle, and the fatigue stress would be a
combination of t1 time of σ1 and t2 time of σ2 , which is a
new loading period; the combined loading profile, combined
temperature profile, and damage curve are depicted in Fig. 1.
Here, curves 1 and 2 show the fatigue damage curve under
σ1 and σ2 , respectively, and their fatigue damages are
D1 = m 1r1 N1a1 ,

D2 = m 2r2 N2a2 .

(3)

For the same material, a1 = a2 = a. When σ1 is applied
first, the number of damage nuclei (m 1 ) is produced and the
damage curve begins from o to a; in other words, curve oa
represents the damage path. As the stress changes to σ2 at
point a, the damage curve is not curve 2, but curve 3, and
the damage is D3 = m 1r2 N2a . Curve bc represents the damage
path under stress σ2 . As stress changes back from σ2 to σ1 , the
damage curve will be de. Furthermore, the damage equivalent
value of bcunder σ2 is equal to the damage equivalent value
of ad under σ1 .
Furthermore, every cycle of the combined temperature profile contains one profile 1 cycle and one profile 2 cycle. This
indicates that the number of cycles to failure under σ1 was
equal to the number of cycles to failure under σ2 in the
combined temperature profile, which equals N, then
m 1r1 N1a = m 1r1 N a + m 1r2 N a

(4)

where
represents the damage value under σ1 , like
curve oe, and m 1r1 N a + m 1r2 N a represents the damage value
under combined stress σ , like oa+bc+de. As discussed above,
these two damage values are equal. Then, r is proportional to
m 1r1 N1a
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the stress σ ; therefore, (4) can be replaced by
N=

N1
(1 + r2 /r1 )

=

1
a

N1
1

(1 + σ2 /σ1 ) a

.

(5)

When fatigue happens to the solder joint under stress σ ,
and σ = γ (N)b , where γ represents the material characteristic
strength coefficient, b is a constant to be determined, and N
represents characteristic cycles to fatigue. For the same solder
joint material, γ1 = γ2 , b1 = b2 , then
 b
N1
σ1
=
.
(6)
σ2
N2
Then
N=

N1

.

1

(1 + (N2 /N1 )b ) a

(7)

Equation (7) is the general form of the accumulation rule for
a combined profile with two temperature cycles. Here, b and a
are constants to be defined by the following part with either
experimental or simulation data. N1 and N2 are the numbers
of cycles to failure under stress levels of the two standard
temperature profiles, respectively, which can be obtained via
experiment data, simulation data, or the PoF model.
B. Parameter Calculation
The crack development model of solder joint can be given
by [26] and [27]

l = l0 + (0.7D S − l0 )

Nl
Nf

 2 N 0.4
3

f

(8)

where l represents the crack length of solder joint, l0 represents
the initial crack length, D S represents the diameter of solder
joint, N f represents the cycle numbers to fatigue failure,
and Nl represents the cycle numbers when the crack length
reaches l. When the solder joint falls off, the crack length
is equal to the diameter of the solder joint, which denotes
failure in principle. However, in order to leave a security
margin, the solder joint is considered to have failed when
the crack length reaches 70% of the diameter of the solder
joint, l f = 0.7D S , based on GB/T6398 [28]. Then, the crack
expansion factor L D is defined as the ratio between the crack
expansion length and the crack length at the time when failure
happens, which is

LD =

l0 + (0.7D S − l0 )



Nl
Nf

 2 N 0.4

0.7D S

3

f

.

Nl
Nf

f

= mr Nla .

D1
=
D2


r1 n a1
r2 n a2

= 

n1
N1
n2
N2

 2 N 0.4
3

1

 2 N 0.4 .
3

(12)

2

When (D1 /D2 ) = 1, in other words, when both resulting
damage values were equal, (r1 /r2 ) = (σ1 /σ2 ) = ((N1 /N2 ))b ,
then
  2 N 0.4
n1 3 1
 b  a
N1
n1
N1
=   2 0.4 .
(13)
N
N2
n2
n2 3 2
N2

Log on both side of (13), then
N1
n1
2
n1
2
n2
+ a ln
= N10.4 ln
− N20.4 ln
N2
n2
3
N1
3
N2
(14)
N1
2 0.4
2 0.4
b ln
+ a ln n 1 − a ln n 2 = N1 ln n 1 − N1 ln N1
N2
3
3
2 0.4
2
− N2 ln n 2 + N20.4 ln N2
3
3
(15)




2 0.4
2 0.4
ln n 1 a − N1
= ln n 2 a − N2
3
3

N1
2
− b ln
+ N10.4 ln N1
N2
3

2 0.4
− N2 ln N2 .
(16)
3
b ln

N1 , N2 , n 1 , and n 2 can be obtained via experiment or simulation; then, the coefficients a and b can be fitted, and the
nonlinear accumulation rule of (7) is determined.
III. E XPERIMENTS
This section mainly shows the experimental procedures for
obtaining N1 , N2 , n 1 , and n 2 , as well as the conducted data
fitting for calculating coefficients a and b according to a
real-life case. The results show that the proposed nonlinear
accumulation rule enables a closer prediction of solder joint
life to the real situation than Miner’s rule.
A. Temperature Profile

 2 N 0.4
3

where m 1 = m 2 , and

(9)

Since the initial crack length is small compared to the
expansion crack length, we assumed that l0 = 0; at the crack
expansion phase, the crack expansion ratio was equal to the
damage value D [29], where D = mr Nla , then


If N1 and N2 could be achieved by two temperature cycle
experiments, then if the cycles were n 1 and n 2 , respectively,
the damage values would be
  2 N 0.4
  2 N 0.4
n1 3 1
n2 3 2
a
= m 1 r 1 n 1 , D2 =
= m 2r2 n a2
D1 =
N1
N2
(11)

(10)

The temperature profile used in this paper is used in
a PMS, where a helicopter is involved in parking, taxi, takeoff,
ascent, level-flight, descent, and landing phases. FIDES guide
2009 [30] contains a detailed description on how to construct
a life profile to be used for reliability prediction of electronic
systems. A navigation computer onboard a VIP helicopter,
which was mounted on the cockpit, was chosen as an example
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TABLE I
D ETAILED VALUES OF T EMPERATURE P ROFILE 1

Fig. 2.

Temperature profile in FIDES.

Fig. 4.
Two standard temperature profiles. (a) Temperature profile 2.
(b) Temperature profile 3.
Fig. 3.

Combined temperature profile (profile 1).

to build phases in the life profile beginning at the life sequence
of the profile. There are three cycles in the life profile of
this example. The “flight” cycle ranges from 45 °C to 35 °C,
the “dissipation” cycle ranges from 15 °C to 45 °C, and also
the “day/night” cycle ranges from 20 °C to 10 °C. These are
shown in Fig. 2.
Another example is a data collection and measuring system that was installed near the engine, and that also uses
different phases of a task; the resulting life temperature profile
(profile 1) is shown in Fig. 3. There are two cycles in Fig. 3:
the “flight” cycle ranges from 100 °C to 20 °C and the “dissipation” cycle ranges from 70 °C to 100 °C. The “day/night”
cycle has been omitted in this case due to its small impact on
system life. During hot day, the ground temperature can reach
55 °C, and since the electronic device was installed inside,
considering a temperature difference of 15 °C, this would
be 70 °C. When the engine starts to work, the temperature
increases to 100 °C. During the flight phase, it will drop to
20 °C due to a combination of various factors that influence
temperature, which include environmental temperature at an
altitude of 1000 m, the engine, and the ram-air cooling system.
The detailed values of profile 1 are shown in Table I. The
lower dwell was at 20 °C for 115 min, while the medium
dwell was at 70 °C for 80 min. There were two upper
dwells at 100 °C for 15 min each time. The overall cycle
duration was 283 min, and the rates of temperature change
were 3.5 and 5 °C/min.
The complex temperature profile can be divided into two
standard temperature cycles (profiles 2 and 3), which are
shown in Fig. 4, and their detailed values are shown in Table II.
The lower dwell of the temperature profile 2 was 20 °C
for 115 min, and the upper dwell was 100 °C for 15 min.

TABLE II
D ETAILED VALUES OF T WO S TANDARD T EMPERATURE P ROFILES

Fig. 5.

Test specimen.

The overall cycle duration was 176 min, and the rate of
temperature change was 3.5 °C/min. For temperature profile 3,
the lower dwell was 70 °C for 80 min, and the upper dwell was
100 °C for 15 min. The overall cycle duration was 107 min,
and the rate of temperature change was 5 °C/min.
B. Test Specimen
To obtain the coefficients needed for (7), experiments
were conducted and test specimens were produced. Chips
were surface-mounted on PCBs with 96.5Sn3.5Ag and
96.5Sn3Ag0.5Cu solder. Each test board had six BGA package
chips (U1–U6), which is shown in Fig. 5. The dimension of
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Fig. 8. Resistance of the T1 daisy chain in 12 chip samples under profile 1
of group 1.

Fig. 6.

Three daisy chains.

Fig. 7.

Temperature chamber and test board within the chamber.

these BGA chips was 16 mm × 16 mm. The FR4 laminate test
boards had a thickness of 2.3 mm, and exposed copper surfaces
were coated with organic solderability preservative finish.
Each experimental group had two boards (A1 and A2). The
BGA chips were mounted on the test board and an electrical
resistance network that could be monitored for failure when
the temperature cycling condition had been created.
The solder joint network created three daisy chains, which
are shown in Fig. 6, named, T1, T2, and T3. The resistance of
the daisy chain was equal to the sum of the resistances of all
solder joints contained within. The solder joints of different
daisy chains were under different thermal expansion mismatch
conditions. Among them, the daisy chain under the most severe
condition would be the first one to fail and its resistances were
representations of the solder joints’ thermal fatigue lives. The
diameters of solder joint were 0.25 and 0.5 mm. Four groups of
experiments were conducted: 1) group 1, 96.5Sn3.5Ag solder
joint with diameter of 0.5 mm; 2) group 2, 96.5Sn3Ag0.5Cu
solder joint with diameter of 0.5 mm; 3) group 3, 96.5Sn3.5Ag
solder joint with diameter of 0.25 mm; and 4) group 4,
96.5Sn3Ag0.5Cu solder joint with diameter of 0.25 mm.
C. Device Setup and Experiment Description
The combined temperature cycling profile was achieved
with a temperature chamber, and no spatial thermal gradient
was assumed through the device. The chamber and the test
boards are shown in Fig. 7.

The resistance values of daisy chains T1, T2, and T3 were
measured with a resistance tester to determine the time when
failure occurred, which was then sent to the computer for
analysis. If the resistances of the first failed daisy chain of
the chip in three temperature experiments were identical, they
would have the same fatigue damage D; their cycles were
recorded as n (profile 1), n 1 (profile 2), and n 2 (profile 3),
respectively. Interconnecting failure was defined as a 20%
increase in nominal resistance of these three daisy chains,
which means that at least one of the solder joints had failed
(l f = 0.7D S ), based on GB/T6398 [28]. For the first daisy
chain to failure, when the three profiles have the same resistance, the cycle numbers when the value first reached a 20%
increment under each profile was recorded. This resulted in the
failure cycle N (profile 1), N1 (profile 2), and N2 (profile 3),
respectively.
D. Results and Discussion
With every experimental group, there were two test boards
that had six chips mounted each. Within the same group,
12 resistance values of each type of daisy chain existed. The
resistances of these 12 T1 daisy chains for the combined
temperature profile (profile 1) of group 1 are shown in Fig. 8.
Fig. 8, furthermore, shows that the same resistance value
of the T1 daisy chain reached 20% increase (0.2394  at
Table III) at about 280 cycles under profile 1 in group 1.
At about 150 cycles, there was an inflection point. The
resistance increased gradually before this point and the plastic
strain occurred due to the difference in CTE between different
material layers; however, no fatigue damage came into being
at this stage. After that point, the plastic strain accumulation
exceeded the threshold and fatigue damage occurred at the
stress concentration zone of the solder joint; the resistance
of T1 had a higher increasing speed and the data were more
dispersed at this stage. Generally, these 12 groups of data had
good uniformity. The medium value of these 12 groups of data
was used to analyze the accumulation rules.
Fig. 9 shows the resistance change of daisy chains T1, T2,
and T3 in experimental group 1 under the three temperature
profiles.
Fig. 9 shows that under temperature profile 1, the resistance
had the highest increasing speed, and the value was lowest
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TABLE III
T EMPERATURE C YCLES W ITH THE S AME T1 R ESISTANCE IN G ROUP 1

Fig. 10.
Resistance changes of daisy chain T1 of the four groups of
experiments under (a) profile 1, (b) profile 2, and (c) profile 3.

Fig. 9. Resistance changes of daisy chains T1, T2, and T3 in experimental
group 1 under three temperature profiles. (a) T1. (b) T2. (c) T3.

Fig. 11. Histogram of the failure cycles of daisy chains T1, T2, and T3.
(a) Group 1. (b) Group 2. (c) Group 3. (d) Group 4.

under temperature profile 3. The results verified the argument
mentioned above (4) in Section II-A, where every cycle of
the combined temperature profile (profile 1) contained one
profile 2 cycle and one profile 3 cycle; therefore, the failure
cycle under profile 1 should be smaller than the other two.
Furthermore, the failure speed under profile 3 was the lowest
due to its smaller temperature difference compared to profile 2.
Fig. 10 shows the resistances of daisy chain T1 of the four
experimental groups under profiles 1, 2, and 3, respectively.
Fig. 10 shows that the failure speeds of the same daisy
chain under the same profile differed in different groups.

This indicates that the parameters a and b in (7) are related
to the material and dimension of the solder joint. This relationship will be deeply investigated in Section IV-C.
Fig. 11 shows a histogram of the failure cycles of daisy
chains T1, T2, and T3 under three profiles in the four groups
of the experiment.
The cycle numbers in Fig. 11 show values when the daisy
chains completely failed, which means that the daisy chains
were open and the resistances were infinite. The results showed
that the daisy chain T1 was the first one to fail under
each profile in each group. The reason is that daisy chain
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TABLE IV

TABLE V

VALUES OF A AND B AND G OODNESS OF F IT

FAILURE C YCLES AND D AMAGE R ATIOS OF D AISY C HAIN T1

T1 was installed on the outermost side of the chip of Fig. 6,
which has maximal strain under the same thermal stress.
As mentioned in Section III-B, daisy chain T1 was under the
most severe thermal expansion mismatch conditions, and its
resistances represented the thermal fatigue lives of solder joints
of the chips. The resistances and failure cycles of daisy chain
T1 under three profiles in four groups have been recorded for
data fitting purposes.

TABLE VI
FAILURE C YCLES F ROM E XPERIMENT AND T WO A CCUMULATION RULES

E. Data Fitting
The experimental data were verified and n, n 1 , and n 2 were
picked up at the time when the resistances of daisy chain T1 in
three experiments with profiles 1, 2, and 3 were identical.
For example, for experiment group 1, the data are shown
in Table III.
Table III shows that when the resistance T1 reached a 20%
increase for the first time, n 1 and n 2 were 336 and 912,
respectively, which represents the fatigue failure cycles N1
and N2 in (16). Furthermore, the failure cycle under combined
profile was 282, which was the real value that was used for
comparison with the calculated value.
Data fitting has been processed with MATLAB, and a and b
in (16) are shown in Table IV.
Here, SSE represents the sum of squares due to error, while
R-square represents the coefficient of determination. Adjusted
R-square represents the degree-of-freedom adjusted coefficient
of determination, and RMSE represents the root-mean-squared
error.
Then, the nonlinear accumulation rule for the complex
temperature profile for group 1 (which is 96.5Sn3.5Ag solder
joint with a diameter of 0.5 mm) could be integrated as
N=

N1
1

(1 + (N2 /N1 )−0.867 ) 2.759

.

(17)

All of the other three accumulation rules for the other three
groups could be fitted with the same method
N =
N =
N =

N1
1

(Group2)

(18)

1

(Group3)

(19)

1

(Group4).

(20)

(1 + (N2 /N1 )−1.122 ) 2.809
N1
(1 + (N2 /N1 )−0.841 ) 2.857
N1
(1 + (N2 /N1 )−1.137 ) 2.763

F. Discussion
Table V shows the failure cycles and damage ratios of daisy
chain T1 under three profiles in four groups of this experiment.

This damage ratio indicates the level of damage that occurred
in daisy chain T1 under profiles 2 and 3 compared to profile 1
when daisy chain T1 failed under profile 1.
According to Miner’s rule, the sum of the damage under
profiles 2 and 3 should be equal to the damage under profile 1.
However, Table V shows that those two values were not
equal, the damage sum was larger, and the maximal error
ratio reached 25% in this experiment, indicating that the linear
accumulation rule was not applicable for this case.
Table VI shows the failure cycles that were obtained from
this experiment, which are failure cycles of T1 under profile 1,
and calculated by Miner’s rule and the proposed nonlinear rule
of the four groups. The error ratios are also listed in Table VI.
Table VI shows that the failure cycles calculated with
Miner’s rule were 20% below the experiment values at most.
However, the error between the failure cycles calculated by
the proposed nonlinear rule and experimental values could be
controlled within 6%. The prediction of solder joint life with
the proposed nonlinear accumulation rule was closer to the
actual situation.
IV. FEA S IMULATION
The experimental results were most realistic; however, both
time and cost of the experiment were quite significant for
aviation products due to the large failure cycle numbers.
Therefore, simulation is still the main technology applied for
engineering. This section is mainly to show the simulation
method for solder joint thermal fatigue, and to explore the
relationship between parameters a and b with the material
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Fig. 12.
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(a) FEA model. (b) Simplified solder joint model.
TABLE VII
M ATERIAL P ROPERTIES FOR FEA
Fig. 13. Resistance of the T1 daisy chain via experimental group 1 and FEA.
TABLE VIII
PARAMETERS A AND B OF D IFFERENT S OLDER J OINT
D IAMETERS AND M ATERIALS

and dimension of solder joint, which is the problem found in
Section III; then, the final form of the nonlinear accumulation
rule could be obtained.
A. Modeling and Material Properties
A typical BGA package was modeled with the
finite-element method using ANSYS; the results are shown
in Fig. 12. The model contained solder joint, chip, substrate,
encapsulated layer, and PCB layer. In ANSYS, element-type
Visco107 was used to describe the solder joint material.
To evaluate the impact of solder joint material and dimension on the accumulation rule, four types of solder joint materials were selected. These were 96.5Sn3.5Ag, 96.5Sn3Ag0.5Cu,
95.5SnAg0.5Cu, and 97.5Sn3.8AgCu, and the diameters of
the solder joint were selected as 0.5, 0.25, 0.4, and 0.6 mm.
The “Anand” constitutive function was used to describe the
creep property of the solder joint material [31]. Furthermore,
the material properties of solder joint were identical to [31].
Table VII shows further material properties used for FEA
modeling.
Boundary conditions were applied to the model, which
included symmetric boundary condition, middle layer displacement coupled boundary condition, and fixed condition on
the origin of coordinate. These boundary conditions simulated
real usage conditions of solder joints [31]. Temperature profiles (shown in Figs. 3 and 4) were applied to the FEA model.
B. Simulation Results
The solder joint strain could be calculated via FEA. With the
relationship of mechanical strain and resistance strain of solder
joint under thermal damage, the daisy chain resistance could
be obtained [32]. Fig. 13 shows the resistance of T1 obtained
via experimental group 1 and FEA.

Fig. 13 shows that the simulation result was not as smooth
as the experimental result, which was due to the mutation
at the inflection point caused by computational assumptions.
However, the error was controlled within 5%, which was
considered to be reasonable within 20%.
C. Accumulation Rule Considering Material and Dimension
Using these simulation results, the parameters a and b in (7)
for four material types and four diameters of solder joints
could be calculated, and the results are shown in Table VIII.
The material of the solder joint was expressed with Young’s
modulus and fatigue strength factor, which are the most critical
parameters of the material for fatigue failure. Fig. 14 shows
the relationship between parameters a and b depending on
diameter and material of the solder joint.
Fig. 14(a) shows that the material and dimension of solder
joints have no effect on parameter a. After testing, parameter a
corresponds to a normal distribution, with a mean of 2.803 and
a standard deviation of 0.03124
a ∼ N(2.803, 0.031242).
Fig. 14(b) shows that parameter b changed with changing
material; however, no significant relationship was detected
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TABLE IX
FAILURE C YCLES F ROM E XPERIMENT AND S IMULATION

TABLE X
A CCELERATION T EST D ATA

Fig. 14. Relationship of parameters a and b with diameter and material of
solder joints. (a) Relationship of a with solder joint. (b) Relationship of b with
solder joint diameter and material diameter and material. (c) Relationship of b
with E. (d) Relationship of b with σ f .
TABLE XI

between parameter b and the dimension of solder joints for
the same material. Fig. 14(c) and (d) shows that with the
increase of Young’s modulus E and fatigue strength factor σ f , parameter b decreased. When these two variables
were considered together, we found that they obey the ternary
linear relationship after data fitting. Their relationship was
assumed to be
b = c1 + c2 E + c3 σ f .

C OMPARISON OF S OLDER J OINT L IFE P REDICTION R ESULTS

(21)

With the simulation results of FEA, the parameters in (21)
were
c1 = 3.28, c2 = −0.034, c3 = −1.56.
Furthermore, (7) can be expressed as
N =

N1
1

(1 + (N2 /N1 )b ) a
a ∼ N(2.803, 0.031242)

b = c1 + c2 E + c3 σ f
c1 = 3.28, c2 = −0.034, c3 = −1.56.

(22)

Young’s modulus E and fatigue strength factor σ f can
be directly found within a material handbook. Equation (22)
shows the final form of the nonlinear accumulation rule, which
was applied to predict the thermal fatigue life of solder joints
under an irregular temperature profile.
D. Discussion
Table IX shows the failure cycles obtained via experiment
and that were calculated by (22) and the proposed nonlinear
rule with the experimental results of Section III. The error

ratios between experiment and calculated values are also listed
in Table IX.
Table IX shows that the error ratios between the failure
cycles (calculated by the final form of the nonlinear accumulation rule and experiment values) could be controlled
within 8%. Furthermore, some of the cycles from simulation
were even closer to the actual values than those calculated via
experiment results.
To verify the validity of the conclusion, we selected an
avionics device for an accelerated test, and the data are
shown in Table X. Here, the material of the solder joint
was 98.5Sn3.8Ag0.5Cu, which utilized a Young’s modulus E
of 43 GPa and a fatigue strength factor σ f of 3.67 GPa. Both
standard profiles ranged from 50 °C to 70 °C and from 70 °C
to 30 °C, respectively. Then, the solder joint lives for some
PBGA components were achieved, as shown in Table XI.
The results show that with Miner’s rule, the life of the
solder joint tends to be underestimated, and the error ratio
even reached a decrease of 37.8%, which is far beyond the
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scope of the error. The root causes of these large errors can
be divided into the following three points.
1) The relationship between damage D and failure cycle
N is not linear, but exponential as shown in (3).
2) The relationship between stress σ and failure cycle N
was exponential too as shown in (6).
3) The damage nucleus number m remained the same when
stress σ1 changed to σ2 , which is shown in Fig. 1(c).
The damage curve 2 was changed to curve 3 in the combined
temperature profile.
However, the prediction of solder joint life with the proposed nonlinear accumulation rule was much closer to the
test results, and the error could be controlled within 5%,
confirming the validity of the nonlinear accumulation rule
proposed in this paper.
V. C ONCLUSION
This paper presents a nonlinear accumulation rule for the
prediction of solder joint life under combined profile, which
can be segmented into two standard temperature cycles. Based
on the fatigue crack propagation theory and the solder joint
crack growth model, the equivalent damage under both segmented standard temperature cycles can be calculated with the
damage curve and summarized to achieve the accumulation
rule.
To determine the constants of the nonlinear accumulation
rule, experiments were conducted under two regular profiles
and their combined irregular profile. Surface-mounted BGA
with diameters of 0.25 and 0.5 mm and two materials of
96.5Sn3.5Ag and 96.5Sn3Ag0.5Cu solder were selected. The
four groups of temperature cycle experiments, each of which
had three profiles, were conducted in a temperature chamber.
Experiments stopped when the failure criterion achieved a 20%
increase of nominal resistance of the daisy chain.
All results of four groups of experiments show that the sum
of the damage for solder joint under both standard profiles
were different from their combined complex cycles, indicating
that the linear rule of accumulation is not applicable for this
situation. In combination with the experimental data, the accumulation rules for the thermal fatigue damage of solder joints
with a certain material and diameter were achieved and seemed
to have a close relationship with material and diameter of the
solder joint.
To study the relationship of the coefficients of the proposed
nonlinear accumulation rule with the structure and material
of the solder joint, the finite-element method was used to
simulate more cases. The results show that parameters a and b
have no relationship with solder joint dimensions. The solder
joint material will not affect parameter a, but parameter b
will decrease with increasing Young’s modulus and fatigue
strength factor. Consequently, a more general accumulation
rule has been achieved. The comparison between accelerated
test results and values calculated with the proposed nonlinear
rule confirmed its validity.
This nonlinear accumulation rule solved problems existing
in the previous studies and filled a vital gap. In particular, this
rule can be extended to conditions of more standard cycles
with varying amplitude, happening in sequence. This is a
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planned future study by our group. Furthermore, this rule is a
bit overestimated the life cycles. A further study may focus on
additional FEA simulations and study other factors that may
affect nonlinear accumulation rules, such as different mounted
styles and different packaging materials of the chip.
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